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Abstract
The influence of the clustering degree of electron spin magnetic moments from crystalline defects on
the low-temperature magnetic susceptibility of materials is theoretically studied. The susceptibility of
two diamond samples containing only identical spin radicals (uncompensated electron spins of
radiation defects) with a concentration of 1019 cm"3 is calculated. The first sample contains only
isolated spin radicals. The second sample contains the same spin radicals grouped into identical
spherical clusters—ferrons (clusters). With an average sample concentration of 1019 cm"3, the local
concentration of spin radicals inside each ferron is assumed to be at the limiting value of 1020 cm"3.
As the number of spin radicals in each ferron increased from 10 to 350, the diameters of the ferrons
increased from 6 to 19 nm, respectively. The low-temperature magnetic susceptibility of both
samples is calculated based on the Brillouin function. It is shown that as the number of spin radicals
in each ferron increases, the superparamagnetic behavior of the second sample is enhanced. At
helium temperatures, in the limit of zero external magnetic field induction, the magnetic
susceptibility of the second sample, in which the spin radicals are grouped into ferrons, is much
greater than the susceptibility of the first sample, which contains only isolated spin radicals. This
finding is supported by experimental measurements of low-temperature magnetic susceptibility in
natural type Ha diamond samples irradiated with reactor neutrons.

1. Introduction

Imparting magnetic properties to non-magnetic semiconductor materials and enhancing these characteristics
is crucial for expanding the range of functional materials suitable for magnetoelectronics [ 1,2]. In this context,
mono- and polycrystalline synthetic diamond films grown by chemical vapor deposition (CVD) show
significant promise for spintronics and photonics applications [3,4].

Clusters (aggregates) of point defects of the crystal structure were observed by electron microscopy in neu-
tron-irradiated monocrystalline CVD diamonds [5]. Ferromagnetic states in a 20-nm-thick layer were detected
at room temperature in laser-processed diamonds [6]. Vibrating-sample magnetometry of natural type Ha dia-
mond grains irradiated with a neutron fluence of ̂  5 • 1020 cm"2 revealed ferromagnetic ordering of uncom-
pensated electron spins of radiation defects in the 2-100 K temperature range [7]. During magnetization
reversal of diamond grains with radiation defects at 2—4 K, a non-monotonic dependence of the differential
magnetic susceptibility on the external magnetic field was observed, attributed to the magnetocaloric effect (cf.
experiments with heavily doped germanium and silicon carbide crystals [8,9]).

Thus, the problem of mathematical and computer modeling of the observed enhancement of magnetic
activity in semiconductor materials—specifically enhancement driven by superparamagnetism unrelated to
magnetic impurities, as observed in diamond—is highly relevant both fundamentally and practically. The aim
of this work is to theoretically examine the influence of localized spin-radical clustering processes on diamond
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magnetization. Calculation results are directly applied to experimental data interpretation of magnetic suscept-
ibility in natural diamond partially disordered by reactor neutron irradiation.

In the following, we use SI units throughout the paper.

2. Basic relationships

2.1. Gas of isolated localized spin radicals
Let us consider the first sample containing a gas of non-interacting (isolated) spin radicals.

The total electron spin magnetic moment per unit volume of diamond for all isolated (non-interacting)
localized radicals with spin 1/2 in an external stationary magnetic field is given by the Brillouin formula
[10,11]:

where Nr is the volume (three-dimensional) concentration of spin radicals, 1/2 is the quantum number of the
electron spin angular momentum of the radical, gT = 2.0027 is the g- factor of the electron not involved in
covalent bonds with carbon atoms of the diamond matrix [ 12,13], /xB is the Bohr magneton, B = fi0H is the
induction of the constant magnetic field, /x0 is the magnetic constant, His the magnetic field strength, kB is the
Boltzmann constant, Tis the absolute temperature, and B\/2(x) is the Brillouin function:

Bl/2(x) = 2coth(2x) - coth(x) = tanh(x); x = xl/2=^- = ^ ^ , (2)
K T 2KB T

here fi = gr^/2 is the magnetic moment of a single spin radical; B\/2 = 0 when B = 0.
For spin 1/2, the Brillouin function is Bi/2(x) = tanh(x). From equation (1) taking into account

equation (2), it follows that

where gr^/2 is the magnitude of the uncompensated magnetic moment of the radical electron with spin 1/2.
Differential magnetic susceptibility of a 'gas' of paramagnetic spin radicals in a diamagnetic matrix:3

where Mr is the magnetization (magnetic moment per unit volume) of the sample due to radicals, and
H=B/fiQ is the strength of the external magnetic field; the calculations do not take into account the
dependence of the sample temperature on the magnetic field.

Substituting equation (3) into equation (4), for spin 1/2 we obtain:

= d H = dMr/x0 = Nr(grfiB)2fi0 dBi/2(x) = Nr(gr/xB)/x0g; (gr/J>BB\
Xr~ dH ~ dB " 4kBT dx " 4kBT 1/2{ 2kBT /

where the first derivative of Brillouin function on magnetic field induction B[/2(x) has the form:

B[/2(x) = dBl/lM = csch2(;c) - 4 csch2(2x) = sech2(x); x = xl/2 =
dx

csch(;c) 4 csch(2x) sech(x); x xl/2 m (6)
dx 2kBT

2.2. Gas of ferrons (clusters of spin radicals)
Let us consider the second sample containing a gas of non-interacting (isolated) ferrons. The average
concentration of spin radicals Nr over the sample is the same as in the first sample.

A ferron is a compact accumulation of uncompensated electron spins of radicals bound by ferromagnetic
exchange in the form of a cluster, which can be considered as an analogue of a superparamagnetic nanoparticle
with a sufficiently large magnetic moment, introduced by N£el [17] (see also [18,19]).

The magnetic moment per unit volume (magnetization) of a diamond sample containing N^ ferrons
(neglecting their demagnetizing factor) can be expressed similarly to equation (1) as follows:

The dimensions of magnetization M and magnetic susceptibility x in different systems of units of physical quantities are as follows
[ 14-16]: for SI: [M] = A/m, [\] = 1 SI units; for CGS: [M] = erg/(G-cm3) = emu/cm3, [\] = emu-cm~3/Oe = 1CGS units. The
relationship between CGS and SI units for M and x> respectively: 1 emu/cm3 = 103 A/m; 1 CGS units = 4?r SI units; MSi = 103MCGS;
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Figure 1. Behavior of the Brillouin function B$/i(x) for the number of uncompensated electron spins of radicals per ferron
C = 1,3,10,30,100,200,350 and the Langevin function C{x) depending on the parameter x = (grfiBB/2kBT.

(7)

where Nfr = Nr/Cis the volume (three-dimensional) concentration of ferrons, each containing £ radicals with
uncompensated spins 1/2; gT = 2.0027 is the g- factor of the spin-radical electron with spin 1/2 in the ferron (in
the absence of orbital angular momentum for both single radicals [20] and their clusters [21]), and B^/2(x) is
the Brillouin function for effective spin £/2 of a single ferron:

X = XC/2 =
2kBT

(8)

When £ = 1, equation (7) reduces to equation (1) with Nfr = Nr.
Figure 1 illustrates the behavior of the Brillouin function for various Rvalues and the Langevin function

depending on the parameter*. As can be seen,4 in the limit of the number of spin radicals per ferron £ —> 00, the
Brillouin function B^/2(x) for a single ferron with magnetic moment Cgx^/2 according to equation (8) con-
verges to the Langevin function C(x) = coth(x) — l/x.

The differential magnetic susceptibility %fr of the ferron gas:

dMfr

dH '

Using equations (9) and (7) we derive

dH dB 4kBT dx

where the first derivative of the Brillouin function Bf^/2(x) is

4kBT
o /

2kBT

(9)

(10)

2fcBr
For (J= 1, equations (8) and (11) reduce to equation (6).

Let us separately consider the simplest case of extremely weak magnetic fields (B —> 0). In this limit, the
Brillouin function according to equation (8) and its first derivative take the following form [23]:

(11)

(12)

For£= 1, from equation (12) we obtain that B[/2 = 1. Taking into account equation (12) for 5—>0, the
magnetic susceptibility by equation (10) takes the form:

The plots shown in figure 1 coincide with theoretical calculations of Brillouin and Langevin functions from [11,22] when £is replaced by
2/, where / = L ± S is the quantum number of the total angular momentum of the atomic electrons (Hund's rule), L is the quantum number
of the orbital angular momentum, and S is the quantum number of the spin angular momentum.
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Figure 2. Differential magnetic susceptibility of isolated spin radicals x r = Xfr for C = 1 by equation (5) and ferrons (clusters of these
radicals) Xfr(O by equation (10) at temperature T= 3 K, £= 10,30,100,200,350, and concentration of radicalsNr = 1019 cm"3 as a
function of the induction of the external magnetic field B. The red dashed horizontal line shows the absolute value of the magnetic
susceptibility of gem-quality diamond |xdm| = 2 • 10~5 SI units.

T) = Nfr(C?rMB)2Mo (2 + O (13)

We note that for fixed concentration of single spin radicals Nr = (Nfr and large values of £> equation (13)
demonstrates a linear increase in the magnetic susceptibility Xfr with an increase in the number £ ̂ $> 1 of
uncompensated spin radicals per ferron (Nfr = Nr/Cis the concentration of ferrons).

3. Application to the analysis of magnetic susceptibility behavior in diamond with
radiation-induced defects

The magnetic susceptibility Xdm of natural gem-quality diamonds (defect-free) is negative (i.e., they are
diamagnetic) and practically temperature-independent, at least for T < 300 K [24]. Using the value
Xp — Xdm/p = — 47r • 0.446 • 10~6 cm3 g"1 from [24] and the diamond crystal density/? w 3.52 g cm"3 [25], we
obtain: Xdm = PXp = — 2-10~5 SI units. This experimental value Xdm finds support in calculations from first
principles [26].

Figures 2 and 3, respectively, illustrate the magnetic-field dependence (at T= 3 K) and temperature
dependence (at B —• 0) of the differential magnetic susceptibility for the 'gas' of spin radicals \r = Xfr(C = 1)
according to equation (5), as well as their clusters (ferrons) Xfr(0 according to equation (10) for the number of
uncompensated spin radicals per a ferron £= 10,30,100,200,350. A typical concentration of spin radicals
N,. = 1019 cm"3 is used, which is characteristic for experiments on radiation damage of diamond where its
crystalline structure is still preserved.

As seen in figure 2 (blue curve), for ferrons with £= 200 at temperature T= 3 K, their spin contribution to
the susceptibility compensates the diamagnetic contribution from the diamond matrix x&m (red line) in fields
below 0.4 T. Moreover, the larger the number £ of spin radicals in each ferron, the lower the induction B at
which the low-temperature magnetic susceptibility Xfr due to the gas of ferrons is greater than the susceptibility
Xr of the gas of radicals (£ = 1; black dashed line).

Figure 3 shows that the mutual compensation of Xfr > 0 and Xdm < 0 for £= 200 in the limit B —> 0 occurs at
T w 200 K (the intersection point of the blue and red lines). This observation finds support in experiment [7],
where the magnetic susceptibility of partially disordered neutron-irradiated natural diamonds becomes zero at

There are experimental grounds [27-29] to believe that in a ferron the local density of unpaired (uncom-
pensated) electron spins does not exceed a certain limiting value NCT = 1020 cm"3. Then, in the approximation
of a spherically shaped ferron containing £ uncompensated spins, its diameter is

(14)

For a spin count per ferron £= 10-350, equation (14) yields an average size of ferrons d^ = 6-19 nm.
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Figure 3. Temperature dependence of differential magnetic susceptibility of isolated spin radicals x r = Xfr for C= 1 by equation (5)
and ferrons (spin-radical clusters) Xfr(C> T) by equation (13) at B —> 0 for £ = 10,30,100,200,350, and spin-radical concentration
Nr = 1019 cm"3 in partially disordered diamond. The red dashed horizontal line shows the absolute value of the magnetic
susceptibility of gem-quality diamond |xdm| = 2 • 10~5 SI units.

Calculations using the proposed model with reference to figures 2 and 3 for T = 3 K, £ = 200, and
16 nm give an estimated susceptibility x ~ 1.8 • 10 SI units at B —> 0. This estimate is in good agreement

with the value x = 1.8 • 10~3 SI units measured in [7] at T& 3 K for neutron-irradiated (fluence of « 5-10,20

cm ) natural type Ha diamond crystals (samples comprises 113 rounded grains, each w 0.5 mm in diameter).
Magnetic measurements in the range of magnetic field B from — 8 to 8 T were carried out on a High Field
Cryogen Free Measurement System with a Vibrating Sample Magnetometer (Cryogenic Ltd., London, UK) in
the temperature range from 2 to 300 K. Under experimental conditions, the concentration of both conduction
band electrons and valence band holes in the studied samples was much lower than the concentration of spin
radicals. Note that in the similar diamond grains not irradiated with neutrons (113 pieces), only diamagnetic
susceptibility was observed over the entire range of temperatures and magnetic fields studied [7].

According to [24], the ferromagnetism in diamond arises from interspin exchange interactions, leading to
the ordering of magnetic moments of impurity atoms (or intrinsic defects of the crystal structure). This
phenomenon is characteristic of their associates (clusters) exceeding 10 nm in size.

It has been established (see [30] and references therein) that in diamonds, with increasing fluence of ioniz-
ing radiation, the Fermi level (£F) shifts to a limiting position w 1.8 eV above the valence band edge. This
stabilization (or pinning) of EF is attributed to the accumulation of radiation defects of the same type, each of
which can exist in three charge states (— 1,0, +1; in units of elementary charge). Such radiation defects in the
crystal structure are immobile at temperatures below 400 °C and are sufficient to ensure the electrical neutrality
of partially disordered diamond. However, due to thermally activated electron hopping between these defects,
their charge states migrate through the crystal and can form ferrons. In [28], it was found that in natural dia-
mond samples irradiated with fast reactor neutrons (as in [7]), the thermal activation energy of DC hopping
electrical conductivity is « 170 meV (in the temperature range of 30-300 °C). Valence band holes and conduc-
tion band electrons are absent in partially disordered diamond (band gap w 5.45 eV) even at room temperature,
and thus cannot contribute to the magnetism of such diamond. In contrast, clustering-enhanced spin-radical
magnetism for the number of spin radicals in a cluster (ferron) £ > 200 persists up to room temperature (see
figure 3).

Finally, we note that the electron spins of radicals in ferrons can be partially compensated (anti-
ferromagnetic ordering). This circumstance can be taken into account by introducing a fraction v ^ 1 of mag-
netoactive (uncompensated) spins in a ferron. Then, the concentration of non-interacting ferrons in the second
sample remains the same Nfr = NT/£, where Nr is the concentration of spin radicals in the first sample. How-
ever, the total spin magnetic moment of ferron changes, becoming equal to z/(gr/xB/2. To account for this issue,
£ should be replaced by i/£in formulas (7)—(13). Notably, formula (14) for the ferron diameter remains unchan-
ged. The number £in formula (14) represents the total number of radicals with uncompensated spins 1/2
(when radicals are in a superparamagnetic state) and with compensated spins (when radicals are in an anti-
ferromagnetic state). In the calculations presented in figures 2 and 3, i/was set to 1, meaning all radical spins in
the ferron are uncompensated [31].
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4. Conclusions

The effect of magnetization enhancement in crystalline material has been theoretically studied, leading to
manifestations of superparamagnetism due to the formation and growth of ferrons. These are clusters of
uncompensated magnetic moments originating from structural defects (spin radicals). It was assumed that the
concentration of localized spin radicals significantly exceeds the concentration of conduction-band electrons
and valence-band holes. Consequently, the contributions to magnetic susceptibility of diamond samples from
delocalized charge and spin carriers were disregarded in the analysis.

The magnetization and spin susceptibility of diamond were determined using the Brillouin function
applied both to the case of no clustering (where the sample contains only identical isolated spin radicals exhibit-
ing paramagnetic behavior) and to cases where the spin radicals form isolated spherical clusters—ferrons. Low-
temperature magnetic susceptibility was calculated based on the Brillouin function. The study demonstrates
that at helium temperatures in the limit of zero induction of the external magnetic field, the formation and
growth of ferrons enhance superparamagnetic properties: magnetic susceptibility increases by two orders of
magnitude compared to isolated spin-radical system.

The predictions of the theoretical model were compared with the experimental results on the low-temper-
ature magnetic susceptibility of reactor-neutron-irradiated natural Ha diamonds. The parameters considered
were £ and Nr. The number of spin radicals per cluster £ varied from 10 to 350 while maintaining the average
spin-radical density Nr = 1019 cm"3 in the samples. For the limiting value of the spin-radical density in a ferron,
its experimental estimate was used: 1020 cm"3. The results on the magnetic susceptibility calculation closely
match the experimental data for crystalline grains of neutron-irradiated natural Ha diamond [7], allowing to
estimate the number of uncompensated spin radicals per ferron as 200 and corresponding ferron size as 16 nm.
These findings highlight the potential for developing methods to form ferrons by exposing initially non-magn-
etic diamonds to ionizing radiation for applications in spin-based cryoelectronics components.

Acknowledgments

NAP and S A V acknowledge support by the Belarusian National Research Programs 'Modern Materials
Science, Advanced Materials, and New Technologies' and 'Convergence-2025'.

Conflict of interest

The authors declare no conflict of interest.

Data availability statement

The data that support the findings of this study are openly available at the following URL/DOI: https://doi.
org/10.17632/9br5gzjtg4.

Author contributions

NA Poklonski © 0000-0002-0799-6950
Conceptualization (equal), Funding acquisition (lead), Investigation (equal), Methodology (lead), Writing -
original draft (lead)

SA Vyrko • 0000-0002-1145-1099
Investigation (equal), Software (lead), Visualization (lead), Writing - review 8c editing (equal)

AG Zabrodskii © 0000-0002-4073-3079
Conceptualization (equal), Writing - review 8c editing (equal)

References

[ 1 ] Ivanovskii A L 2007 Magnetic effects induced by sp impurities and defects in nonmagnetic sp materials Phys. Usp 501031-52
[2] Telegin A and Sukhorukov Y 2022 Magnetic semiconductors as materials for spintronics Magnetochemistry 8173
[3] Araujo D, Suzuki M, Lloret F, Alba G and Villar P 2021 Diamond for electronics: materials, processing and devices Materials 14 7081
[4] Mi S, Kiss M, Graziosi T and Quack N 2020 Integrated photonic devices in single crystal diamond/. Phys.: Photonics 2 042001

https://doi.org/10.17632/9br5gzjtg4
https://doi.org/10.17632/9br5gzjtg4


IOP Publishing Phys.Scr. 100(2025) 125914 N A Poklonski eta/

[5] Zhang J, Huang F, Li S, Yu G, Xu Z, Hei L, Lv F, Home A, Wang P and Qi M 2025 Imaging neutron radiation-induced defects in
single-crystal chemical vapor deposition diamond at the atomic level Diamond Relax. Mater. 154 112189

[6] Setzer Ket a/2022 Nanometers-thick ferromagnetic surface produced by laser cutting of diamond Materials 15 1014
[7] Poklonski N A, Khomich A A, Svito I A, Vyrko S A, Poklonskaya O N, Kovalev A I, Kozlova M V, Khmelnitskii R A and Khomich A V

2023 Magnetic and optical properties of natural diamonds with subcritical radiation damage induced by fast neutrons Appl. Sci.
13 6221

[8] Zabrodskii A G 2004 Magnetic ordering in doped semiconductors near the metal-insulator transition Phys. Status Solidi B 24133-9
[9] Lebedev A A, Abramov P L, Agrinskaya N V, Kozub V I, Lebedev S P, Oganesyan G A, Tregubova A S, Shamshur D V and

Skvortsova M O 2009 Metal-insulator transition in n-3C-SiC epitaxial films/. Appl. Phys. 105 023706
[10] White R M 2007 Quantum Theory ofMagnetism. Magnetic Properties of Materials (Springer)
[11] Coey J M D 2010 Magnetism and Magnetic Materials (Cambridge University Press)
[12] Walters G K and Estle T L1961 Paramagnetic resonance of defects introduced near the surface of solids by mechanical damage /. Appl.

Phys. 32 1854-9
[13] Brosious P R, Corbett J W and Bourgoin J C1974 EPR measurements in ion-implanted diamond Phys. Status Solidi All 677-83
[ 14] Bates L F1970 The introduction of SI in magnetism Contemp. Phys. 11301-6
[15] Garg A 2018 The two cultures: SI and Gaussian units in electromagnetism Ewr./. Phys. 39045205
[16] Goldfarb R B 2018 Electromagnetic units, the Giorgi system, and the revised International System of Units IEEEMagn. Lett. 9 1205905
[17] N£el L1971 Magne'tisme et champ mole'culaire local Conference Nobel, 11 decembre 1970. Reimpression deLesprix Nobel en 1970,

Stockholm pp 57-177
[ 18] Kokorina E E and Medvedev M V 2007 Magnetization curves of an isotropic superparamagnet and induced-blocking effect Phys.

MetalsMetallogr. 103 111-7
[19] Nagaev E L1992 Ferrons and the giant Zeeman effect in amorphous semiconductors Sov. Phys. Solid State 341005-7 [Fiz. Tverd. Tela

34(1992)1882]
[20] Demkov Y N and Rebane T K1991 Atomic and molecular magnetic moments related to the anomalous electron magnetic moment

Optics and Spectroscopy71414-5 [Optika i Spectroskopiya 71 (1991) 714]
[21 ] Shapiro B 1993 Orbital magnetic response in mesoscopic conductors Semiconductors 27 467-9 [Fiz. Tekh. Poluprovodn. 27

(1993)854]
[22] Majlis N 2007 The Quantum Theory ofMagnetism (World Scientific)
[23] Blundell S 2001 Magnetism in Condensed Matter (Oxford Univ. Press)
[24] Yelisseyev A P, Afanasiev V P and Ikorsky VN 2009 Magnetic susceptibility of natural diamonds Dokl. Earth Sci. 425 330-3
[25] Pierson H O 1993 Handbook of Carbon, Graphite, Diamond, andFullerenes: Properties, Processing, and Applications (Noyes

Publications)
[26] Nikolaev A V, Zhuravlev M Y and Tao L L 2023 Ab initio based study of the diamagnetism of diamond, silicon and germanium

/. Magn. Magn. Mater. 588171394
[27] Agafonov S S, Glazkov V P, Nikolaenko V A and Somenkov V A 2005 Short-range order in irradiated diamonds JETP Lett. 81122-4
[28] Poklonski N A, Lapchuk T M, Gorbachuk N I, Nikolaenko V A and Bachuchin IV 2005 Nanostructuring of crystalline grains of

natural diamond using ionizing radiation Semiconductors 39 894-7
[29] Karkin A E, Voronin V I, Berger IF, Kazantsev V A, Ponosov Y S, Ralchenko V G, Konov VI and Goshchitskii B N 2008 Neutron

irradiation effects in chemical-vapor-deposited diamond Phys. Rev. B 78 033204
[30] Brudnyi V N 2013 Charge neutrality in semiconductors: defects, interfaces, surface Russ. Phys. J. 56 754-6
[31] Poklonski N A, Vyrko S A and Zabrodskii A G 2025 Data for: clustering effects of spin radicals on superparamagnetism: calculation for

diamond with radiation-induced defects Mendeley Data (https://doi.org/10.17632/9br5gzjtg4)

https://doi.org/10.17632/9br5gzjtg4

