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By a paratopological group we understand a pair (G, 7) consisting of a group G and topology
7 on GG making the group opertation -: G X G — G of G continuous.

Definition 1. Let {G,:i € I'} be a set of paratopological groups. Then the paratopological
group G is said to be a free topological product of {G; : ¢ € I}, denoted by []"G;, if it has
. icd
properties:
1) for each z € I, G is a subgroup of G,
2) G is generated algebraically by g{Gi ;
t

3) if for each ¢ € I, f; is a continuous homomorphism of G; into paratopological group H,
then there exists a continuous homomorphism f of G into I such that f = f; on G; for each
1€ 1. .

Theorem 1. Let {G; : i € I} be any set of paratopological groups. Then free topological
product []*G; emists.

ict

A metric d on group G is called left-invariant if d(ax,ay) = d(z,y) for all z,y,a € G.

Theorem 2. Let G and H be a nontrivial paratopological groups. Then free topological
product G x H is metrizable by left-invariant metric if and only if G and H are discrete.

Theorem 3. Let G and H be a nontrivial paratopological Ty -groups. Then free topological
product G = H is locally compact if and only if G and H are discrete.



